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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

A Fréchet space X is a metrizable and complete Ics.

Krzysztof Piszczek (DN) — (22) type conditions for Fréchet operator spaces
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Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

A Fréchet space X is a metrizable and complete Ics.

X = (X, (Il lIn)nen)
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

A Fréchet space X is a metrizable and complete lcs.

X - (X)(H . Hn)neN) or X — projk(Xk,L£+1)’

where

Xe = (X kel o 1+ 16) 5 ef ™ Xiewn = Xa
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Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

A Fréchet space X is a metrizable and complete lcs.

X - (X)(H . Hn)neN) or X — projk(Xk,L£+1)’

where

Xe = (X kel o 1+ 16) 5 ef ™ Xiewn = Xa

Examples:
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Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

A Fréchet space X is a metrizable and complete lcs.

X - (X)(H . Hn)neN) or X — projk(Xk,L£+1)’

where

Xe = (X kel o 1+ 16) 5 ef ™ Xiewn = Xa

Examples:

S(R"),  H(C"),
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Definition of (DN) and (Q2)

A Fréchet space X is a metrizable and complete lcs.

X - (X)(H . Hn)neN) or X — projk(Xk,L£+1)’

where

Xe = (X kel o 1+ 16) 5 ef ™ Xiewn = Xa

Examples:
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

A Fréchet space X is a metrizable and complete lcs.

X - (X)(H . Hn)neN) or X — projk(Xk,L£+1)’

where

Xe = (X kel o 1+ 16) 5 ef ™ Xiewn = Xa

Examples:

S(R"),  H(C"), H(D"), CF(K), C=(Q),
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

A Fréchet space X is a metrizable and complete lcs.

X - (X)(H . Hn)neN) or X — projk(Xk,L£+1)’

where

Xe = (X kel o 1+ 16) 5 ef ™ Xiewn = Xa

Examples:

S(R"), H(C"), H(D"), CX(K), C®(Q), w.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

@ Topological invariants.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

@ Topological invariants.
(i) (DN) is inherited by subspaces.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

@ Topological invariants.

(i) (DN) is inherited by subspaces.
(ii) () passes onto quotients.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

@ Topological invariants.

(i) (DN) is inherited by subspaces.

(ii) () passes onto quotients.

(i) Full characterization of subspaces, quotients and
complemented subspaces of S(R").
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

@ Splitting.

Krzysztof Piszczek (DN) — (Q2) type conditi

ns for Fréchet operator spaces



Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

@ Splitting.

0—X-L1 Y- 2Z—0 Imj=Kerg, g-open.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

@ Splitting.

0—X-L1 Y- 2Z—0 Imj=Kerg, g-open.

When go R =1idz?
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

@ Splitting.

0—X-L1 Y- 2Z—0 Imj=Kerg, g-open.

When goR =idz? = Loj=1idx?
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

@ Splitting.

0—X-L1 Y- 2Z—0 Imj=Kerg, g-open.

When goR =idz? = Loj=1idx?
Theorem (Vogt, 1980)

Suppose we are given a short exact sequence of Fréchet-Hilbert
spaces

0 Xy L z_4o0

If X € (Q) and Z € (DN) then the sequence splits.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

© Petczynski's question.
Question (Petczynski, 1970)

Does every complemented subspace of a nuclear Fréchet space with
a basis has a basis itself?
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

© Petczynski's question.
Question (Petczynski, 1970)

Does every complemented subspace of a nuclear Fréchet space with
a basis has a basis itself?

Positive answers in all tame spaces.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

© Petczynski's question.

Question (Petczynski, 1970)

Does every complemented subspace of a nuclear Fréchet space with
a basis has a basis itself?

Positive answers in all tame spaces.

Theorem (P., 2009)
If X € (DN) N (Q) then X is tame.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

H(D) with norms ||f]|, := sup{|f(z)\: |z|<1 — %}, neN.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

H(D) with norms ||f]|, := sup{|f(z)\: |z|<1 — %}, neN.

log ||| m<bm log ||f]|2 + (1 = Om) log |[f[l»  (n > m).
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

H(D) with norms ||f]|, := sup{|f(z)\: |z|<1 — %}, neN.

log ||| m<bm log ||f]|2 + (1 = Om) log |[f[l»  (n > m).

Om —0m
1 llm< 12717
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

H(D) with norms ||f]|, := sup{|f(z)\: |z|<1 — %}, neN.

log ||| m<bm log ||f]|2 + (1 = Om) log |[f[l»  (n > m).

Om —0m
1 llm< 12717

X € (DN)
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

H(D) with norms ||f]|, := sup{|f(z)\: |z|<1 — %}, neN.

log ||| m<bm log ||f]|2 + (1 = Om) log |[f[l»  (n > m).

Om —0m
1 llm< 12717

X e(DN) & IpVqg3Ir,0e€(0,1),C >0:

0 —0
[Ixllg<ClIxl[lIx|[7=* ¥x € X.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

H(D) with norms ||f]|, := sup{|f(z)\: |z|<1 — %}, neN.

log ||| m<0m log ||f||2 + (1 — Om) log |[f[|n (n> m).
I llm<I 15 1110
X e(DN) & IpVqg3Ir,0e€(0,1),C >0:

0 —0
[Ixllg<ClIxl[lIx|[7=* ¥x € X.

..V0 e (0,1)3r,C>0..." gives X € (DN).
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

Interpolation viewpoint.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

Interpolation viewpoint.

X = projx X,
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

Interpolation viewpoint.

X = proj, Xk, Xg intermediate with respect to (Xp, X;).
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

Interpolation viewpoint.

X = proj, Xk, Xg intermediate with respect to (Xp, X;).
(DN) type means Xj is of class C,(6).
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

Interpolation viewpoint.

X = proj, Xk, Xg intermediate with respect to (Xp, X;).
(DN) type means Xj is of class C,(6).

Examples.

H(D") € (DN),
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

Interpolation viewpoint.

X = proj, Xk, Xg intermediate with respect to (Xp, X;).
(DN) type means Xj is of class C,(6).

Examples.

H(D") € (DN), S(R"),H(C") € (DN).
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

For every ¢ € X' ||9]|} = sup{|o(x)|: [|x|[x<1} < +o0 V k=ko.
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

For every ¢ € X' ||9]|} = sup{|o(x)|: [|x|[x<1} < +o0 V k=ko.
We look for

llellz<C(llols) = (lell:)°-
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

For every ¢ € X' ||9]|} = sup{|o(x)|: [|x|[x<1} < +o0 V k=ko.
We look for

llellz<C(llols) = (lell:)°-
Vp3IqgVrIe(0,1),C>0... = Xe(Q).
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

For every ¢ € X' ||9]|} = sup{|o(x)|: [|x|[x<1} < +o0 V k=ko.
We look for

llellz<C(llols) = (lell:)°-

Vp3qVrIe(0,1),C>0... = Xe(Q).
Vp,0e(0,1)... = Xe(Q).
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

For every ¢ € X' ||9]|} = sup{|o(x)|: [|x|[x<1} < +o0 V k=ko.
We look for

llellz<C(llols) = (lell:)°-

Vp3qVrIe(0,1),C>0... = Xe(Q).
Vp,0e(0,1)... = Xe(Q).

Examples.

S(R™), H(C") € (2),
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Fréchet space

Structure theory Importance of (DN) and (Q)

Definition of (DN) and (Q2)

For every ¢ € X' ||9]|} = sup{|o(x)|: [|x|[x<1} < +o0 V k=ko.
We look for

llellz<C(llols) = (lell:)°-

Vp3qVrIe(0,1),C>0... = Xe(Q).
Vp,0e(0,1)... = Xe(Q).

Examples.

S(R™),H(C™) € (2), H(D") € (Q).
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (2)

Quantizations

Definition (Effros, Webster, 1997)

X is a Fréchet operator space if X = projk(Xk, Li“),
X) — operator space, L£+12 Xk+1 — Xk — completely bounded.
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (2)

Quantizations

Definition (Effros, Webster, 1997)

X is a Fréchet operator space if X = projk(Xk, Li“),
X) — operator space, L£+12 Xk+1 — Xk — completely bounded.

Ma(X) = projk<l\/l,,(Xk), (L§+1)n).
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (2)

Quantizations

Definition (Effros, Webster, 1997)

X is a Fréchet operator space if X = projk(Xk, Li“),
X) — operator space, L£+12 Xk+1 — Xk — completely bounded.

Ma(X) = projk<l\/l,,(Xk), (L§+1)n).

If Q@: B — O — strict quantization then

QUX) = proiy (Q(Xe), Q™) ).
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

+oo
s:= {x — {7e z;jz"\xj'\z < +oo Vk e N} = projl2((4))),
=

Krzysztof Piszczek (DN) — (22) type conditions for Fréchet operator spaces



Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

+oo
s:= {x — {7e z;jz"\xj'\z < +oo Vk e N} = projl2((4))),
=

(s)r:= Projk€2((jk)j)r’
() := prOjk€2((jk)f)c’
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

5= {x_ x); Zﬁk\x\z<+ooVk€N}—pr0Jk€2((J i)
Jj=1

(s)r:= Projk€2((jk)j)r’
() := prOjk€2((jk)f)c’

T = () Bop(s)e = proik (€2((4))), Bopla ((4))).. )
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (Q2)
Quantizations

X € (oDN) if (quantifiers)

¥ e NV (xj) € Ma(X): [10x3)lla< ClI Gl llGxi)I7-
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (Q2)
Quantizations

X € (oDN) if (quantifiers)
¥ e NV (xj) € Ma(X): [10x3)lla< ClI Gl llGxi)I7-

In particular, M,(X) € (DN) Vn e N.
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (Q2)

Quantizations

Definition
X € (oDN) if (quantifiers)

¥ e NV (xj) € Ma(X): [10x3)lla< ClI Gl llGxi)I7-

In particular, M,(X) € (DN) Vn e N.
If X € (DN) then by

Call<( 3 lll) <l

ij=1

we get M,(X) € (DN) V n € N (caution: C grows with n).
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (Q2)

Quantizations

Definition
X € (09) if (quantifiers)

VneN V¥ (5) € Ma(X'): [I(d)1E<C (@)~ (1)),

where

1(@i)llx = 11(¢i)ll caxi,ma)-
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (Q2)
Quantizations

X € (09) if (quantifiers)

VneN V¥ (5) € Ma(X'): [I(d)1E<C (@)~ (1)),

where

1(@i)llx = 11(¢i)ll caxi,ma)-

Proposition (P., 2011)

(5),®op(s)c satisfies both (oDN) and (09).
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

If X = proj, X then

MIN(X) := proj, MIN(Xy), MAX(X) := proj, MAX(X).
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

If X = proj, X then
MIN(X) := proj, MIN(X,), MAX(X) := proj, MAX (X).
If H = proj, Hy is a Fréchet-Hilbert space then

H, := proj,(Hx)r,  Hc :=proj,(Hk)e,  OH := proj, OH.
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

If X = proj, X then
MIN(X) := proj, MIN(X,), MAX(X) := proj, MAX (X).
If H = proj, Hy is a Fréchet-Hilbert space then

H, := proj,(Hx)r,  Hc :=proj,(Hk)e,  OH := proj, OH.

Problem

Suppose X € (DN) or X € (2). Which of the above quantizations
carry over these conditions onto the o.s. structure?
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (2)

Quantizations

Proposition (Vogt, 1977)

Xe(DN) & dpVYq3r,C>0:

USCSU;JrEUf Vs >0,
s
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (2)

Quantizations

Proposition (Vogt, 1977)

Xe(DN) & dpVYq3r,C>0:
C
UgCsUp+—=U; Vs>0,
s

where
Up = {pe X |p(x)|<1 Vx € Uy}
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

Proposition (Vogt, 1977)

Xe(DN) & dpVYq3r,C>0:
C
UgCsUp+—=U; Vs>0,
s

where
Up = {pe X |p(x)|<1 Vx € Uy}

Proposition (P., 2011)

X € (DN) < MIN(X) € (oDN).
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (Q2)
Quantizations

Necessity: obvious.
Sufficiency. If (x;) € M,(MIN(X)) then

101k = sup{ || (60))7 gLy, = @ € Uz }-
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (Q2)

Quantizations

Proof.

Necessity: obvious.
Sufficiency. If (x;) € M,(MIN(X)) then

101k = sup{ || (60))7 gLy, = @ € Uz }-
Consequently,

1)< sup{1I(s€ + Cs~ ) xg)llmy : € € Ugum € U2}
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (Q2)

Quantizations

Proof.

Necessity: obvious.
Sufficiency. If (x;) € M,(MIN(X)) then

101k = sup{ || (60))7 gLy, = @ € Uz }-
Consequently,

10l g< sup{II(s& + Cs~ ()l : € € Ugm € UZ)<

<s1Cxi)llp + 5104 -
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (Q2)

Quantizations

Proof.

Necessity: obvious.
Sufficiency. If (x;) € M,(MIN(X)) then

101k = sup{ || (60))7 gLy, = @ € Uz }-
Consequently,

10l g< sup{II(s& + Cs~ ()l : € € Ugm € UZ)<

<s1Cxi)llp + 5104 -

Finally,
1) 11<4€ 1 (x| i) -
L]
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

Corollary

X e (Q) & MAX(X) € (oQ).
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (Q2)

Quantizations

Corollary
X e(Q) & MAX(X) € (09Q).

Proof.

Necessity: obvious.
Sufficiency. If (¢) € Ma(MAX(X")) then

@alli = sup{ || (<"(89)) 5y, s %" € U}
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (Q2)
Quantizations

Corollary

X e (Q) & MAX(X) € (oQ).

Proof.
Necessity: obvious.
Sufficiency. If (¢) € Ma(MAX(X")) then

@l = sup{[|(<"(69))] -y, %" € U} =
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (Q2)
Quantizations

Corollary

X e (Q) & MAX(X) € (oQ).

Proof.
Necessity: obvious.
Sufficiency. If (¢) € Ma(MAX(X")) then

@l = sup{[|(<"(69))] -y, %" € U} =

sup{] (6500, x € U}

Ol
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

If (xij) € Mp(MAX(X)) then

||(XU)H/< = sup H(fuv(xij))HMnmv
where the ‘sup’ runs over all (,,) € L(X, My,) with
H(fuv)HL(Xk’Mm)él and all m € N.
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

If (xij) € Mp(MAX(X)) then

||(XU)H/< = sup H(fuv(xij))HMnmv
where the ‘sup’ runs over all (,,) € L(X, My,) with
H(fuv)HL(Xk’Mm)él and all m e N.
If X is Fréchet and dim E < +o0 then L(X,E) = (X ®, E').
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

If (xij) € Mp(MAX(X)) then

||(XU)H/< = sup H(fuv(xij))HMnmv
where the ‘sup’ runs over all (,,) € L(X, My,) with
H(fuv)HL(Xk’Mm)él and all m e N.
If X is Fréchet and dim E < +o0 then L(X,E) = (X ®, E').

(r(uk ® BE/))kEN — 0-nbhd basis in X @, E,
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

If (xij) € Mp(MAX(X)) then

||(XU)H/< = sup H(fuv(xij))HMnmv
where the ‘sup’ runs over all (,,) € L(X, My,) with
H(fuv)HL(Xk’Mm)él and all m e N.
If X is Fréchet and dim E < +o0 then L(X,E) = (X ®, E').

(r(uk ® BE/))kEN — 0-nbhd basis in X @, E,

(I'(Uk ® BE’)>O = Bi(x,,E)-
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

If (xij) € Mp(MAX(X)) then

||(XU)H/< = sup H(fuv(xlj))} Mum’
where the ‘sup’ runs over all (f,,) € L(X, Mp,) with

[ (Fun) (X, Mm) <1 and all m € N.
If X is Fréchet and dim E < +o0 then L(X,E) = (X ®, E').

(r(uk ® BE/))kEN — 0-nbhd basis in X @, E,

(I'(Uk ® BE’)) = Bi(x,,E)-
If X®, E' € (DN) then BL(Xq,E) C SBL(XP,E) T %BL(X,,E)-
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

If (xij) € Mp(MAX(X)) then

1011k = sup || (B xi)) ||y

where the ‘sup’ runs over all (,,) € L(X, My,) with
H(fuv)HL(Xk’Mm)él and all m € N.
If X is Fréchet and dim E < +o0 then L(X,E) = (X ®, E').

(r(uk ® B,;))k = O-nbhd basis in X @ E,
(S
(I'(Uk ® BE’)) = B(x,.E)-
If X @, E' € (DN) then BL(Xq,E) C SBL(XP,E) = %BL(X,,E)-
If E= M,
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)

Quantizations

If (xij) € Mp(MAX(X)) then

||(XU)H/< = sup H(fuv(xlj))} Mum’
where the ‘sup’ runs over all (,,) € L(X, My,) with
H(fuv)HL(Xk’Mm)él and all m e N.
If X is Fréchet and dim E < +o0 then L(X,E) = (X ®, E').

(W@B;;))k — 0-nbhd basis in X @, E’,
OEN

(I'(Uk ® BE’)) = B(x,.E)-

If X ®x E' € (DN) then By(x, £) C sBi(x,.£) + <Bi(x,.E)-
If E = M, then H(x,,)qusup{u( sguv + Cs~hy,)(x5))

HM,,,:

(guv) € BL(XP,I\/Im)a (huv) € BL(X,,Mm)}
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)

Quantizations

If (xij) € Mp(MAX(X)) then

||(XU)H/< = sup H(fuv(xlj))} Mum’
where the ‘sup’ runs over all (,,) € L(X, My,) with
H(fuv)HL(Xk’Mm)él and all m e N.
If X is Fréchet and dim E < +o0 then L(X,E) = (X ®, E').

(W@B;;))k — 0-nbhd basis in X @, E’,
OEN

(I'(Uk ® BE’)) = B(x,.E)-

If X ®x E' € (DN) then By(x, £) C sBi(x,.£) + <Bi(x,.E)-
If E = M, then H(x,,)qusup{u( sguv + Cs~hy,)(x5))

[ M

(8uv) € Br(x,, M) (huv) € BL(xr,Mm)}@H(XU)IIp + G| ()l
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)

Quantizations

If (xij) € Mp(MAX(X)) then

H(XU)Hk = sup H(fuv(xlj))} Mum’
where the ‘sup’ runs over all (f,,) € L(X, Mp,) with

[ (Fun) (X, Mm) <1 and all m € N.
If X is Fréchet and dim E < +o0 then L(X,E) = (X ®, E').

(W@B;;))k — 0-nbhd basis in X @, E’,
OEN

(I'(Uk ® BE’)) = B(x,.E)-

If X ®x E' € (DN) then By(x, £) C sBi(x,.£) + <Bi(x,.E)-
If E = M, then H(x,,)qusup{u( sguv + Cs~hy,)(x5))

[ M

(8uv) € Br(x,, M) (huv) € BL(xr,Mm)}@H(XU)IIp + G| ()l

Finally,
| (xip)I12<4CI (i) 1 i) -
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

Proposition (P., 2011)
X € (DN) < MAX(X) € (oDN).
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

Proposition (P., 2011)
X € (DN) < MAX(X) € (oDN).

Formally missing:
X € (DN)and dimE < +00 = X ®; E € (DN).
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

Proposition (P., 2011)

X € (DN) & MAX(X) € (oDN).

Formally missing:
X € (DN)and dimE < +00 = X ®; E € (DN).

Corollary

X € (Q) & MINKX) € (09).
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Fréchet operator space

Example — space of physical states
Operator spaces Operator analogues of (DN) and (2)

Quantizations

Proposition (P., 2011)

Suppose H is a Fréchet-Hilbert space.
Q@ He (DN) & H, e (oDN) < H. e (oDN).
Q@ He(Q) & H €(0) & H: e (09Q).
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Fréchet operator space
Example — space of physical states

Operator spaces Operator analogues of (DN) and (2)
Quantizations

Proposition (P., 2011)

Suppose H is a Fréchet-Hilbert space.
Q@ He (DN) & H, e (oDN) < H. e (oDN).
Q@ He(Q) & H €(0) & H: e (09Q).

@ He (DN) < OH € (oDN).
@ He(Q) & OH e (oQ).
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